INTRODUCTION
Let H = I M X M, 7r|a; -7rJa;J be a product symplectic space -the phase space of geometrical optics (see [6] ), where (M, w), ( M, UM are two copies of the symplectic space of oriented lines in Euclidean space V (see [8] ). Geometrically, quasicaustics appear in diffraction on apertures (see [9] ). If A C II is a Lagrangian subvariety representing an optical instrument (say a halfplane aperture [8] ) and L is an incident system of rays, that is, also a Lagrangian subvariety of (M, u), then the Lagrangian variety of diffracted rays is a symplectic image A(L) (see [7] ). Let iry : T*V -> V be the usual projection and L the canonical representative of A(L) in T*V (see [6] ). Then the caustic of L is denned to be a hypersurface of V formed by two components: singular values of ny |r_ s i n £. and nv [SingL) . The latter one is called the quasicaustic of L by an optical instrument A. Let F: (C n + 1 x C p , 0) -> (C, 0) be a germ of a holomorphic function generating L (see [7] ). By (5, 0) C (C n+1 > 0) we denote a germ of some hypersurface in (C n + 1 , 0) . The quasicaustic Q(F) of F is denned as
Let F represent the distance function from the general wavefront in the presence of an obstacle formed by an aperture (see [9, 5] ) with boundary S. The corresponding quasicaustic Q(F) is built up from the rays orthogonal to the given wavefront and 366 S. Janeczko [2] touching the boundary of the aperture. The quasicaustic is a subvariety of the usual caustic (also called the bifurcation set [2, 3] )
and represents the structure of shadows formed by the common, pecular positions of aperture and incident wavefront.
In this paper we investigate the structure of quasicaustics corresponding to simple boundary singularities [1, 2] . We also give, using the methods applied to the usual bifurcation sets [3, 4, 12] , the general method for computing the vector fields tangent to the quasicaustic provided by the holomorphic function germs. 
The set-germ
we call the restricted critical set.
Using the splitting Lemma (see [10] ) and the versality property of F we have, The set of logarithmic vector fields of Q(F) at 0 is defined (see [11, 12] ) to be the set of germs of holomorphic vector fields on C p at 0, tangent to the nonsingular part 
PROOF: ( lifts uniquely by it at every point a £ C p -T(ir | S , F ) -Hence £ lifts
to a holomorphic vector field £i on C n X C p , tangent to S r F and defined off a set of codimension 2 in C n X C p . By Hartog's theorem £i extends to a holomorphic vector field f tangent to S r F . D Now using the 7T-lowerable vector fields £ tangent to E r F we will construct the module Derlog Q(F). Letting F be as above, we define the ideal
where i/> and F are given by decomposition We have chosen the normal form for F in such a way that the variables a M , . . . , a p (p ^ fj. -1) do not appear in F. Now following the general scheme used in [3, 4] for ordinary bifurcation sets, we can propose the procedure for constructing the tangent vector fields to quasicaustics.
By the Preparation Theorem (see [10] 
T K M i A(F) C /(i^) + (y)M( yiXia ) and clearly the set of tangent vector fields to Q(F) is a finitely generated C( o )-module.
The simple singularities of functions on the boundary {y = 0} of a manifold with boundary were classified in [2] , (see [l] , p.281). Their miniversal unfoldings are: Thus we have, after direct checking, the following. 
On quasicaustics 371 form a free basis for the O( a ymodule Derlog X.
Before we prove this theorem we need the following. -( 0 , J, a)^{s, a) + -^-(0, s, a)i> 2 {s, a) 
with 1 ^ i, j 4: n; i ^ j , and ordered set of pairs (i, j ) . Thus we have By the Preparation Theorem (see [10] ) every element h of O( y<x%a ) has the form: 
